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Automatically learning and grouping key motion patterns in a trafﬁc scene captured by a static camera
is a fundamental and challenging task for intelligent video surveillance. To learn motion patterns,
trajectory obtained by object tracking is parameterized, and scene image is spatially and evenly divided
into multiple regular cell blocks which potentially contain several primary motion patterns. Then, for
each block, Gaussian Mixture Model (GMM) is adopted to learn its motion patterns based on the
parameters of trajectories. Grouping motion pattern can be done by clustering blocks indirectly, and
each cluster of blocks corresponds to a certain motion pattern. For one particular block, each of its
motion pattern (Gaussian component) can be viewed as an instance, and all motion patterns (Gaussian
components) constitute a bag which can correspond to multiple semantic clusters. Therefore, blocks
can be grouped as a Multi-instance Multi-cluster Learning (MIMCL) problem, and a novel Maximum
Margin Multi-instance Multi-cluster Learning (M4L) algorithm is proposed. To avoid processing a
difﬁcult optimization problem, M4L is further relaxed and solved by making use of a combination of the
Cutting Plane method and Constrained Concave–Convex Procedure (CCCP). Extensive experiments are
conducted on multiple real world video sequences containing various patterns and the results validate
the effectiveness of our proposed approach.
& 2013 Elsevier Ltd. All rights reserved.

Keywords:
Scene understanding
Maximum margin clustering
Multiple instance learning (MIL)
Gaussian Mixture Model (GMM)
Constrained Concave–Convex Procedure
(CCCP)

1. Introduction
Video scene understanding by unsupervised inference of motion
patterns in static camera scenes is a very important task in visual
surveillance. With the increasing of the surveillance systems, large
amounts of video data are created every day, and it is difﬁcult and
time-consuming to label and organize these videos manually.
Therefore, various methods have been made to understand the
videos automatically [1–3]. By clustering the motion patterns, we
can obtain information along which path or direction the vehicles or
pedestrians should move or walk. Based on such information, it is
very convenient to detect abnormal activities and meet the great
needs for trafﬁc management systems. However, the motion of
pedestrians and vehicles is complex and their motion patterns are
different from each other. Thus, automatically clustering the motion
patterns for video understanding is a challenging problem in
computer vision and pattern recognition.

n
Corresponding author at: National Lab of Pattern Recognition, Institute of
Automation, Chinese Academy of Sciences, Beijing 100190, PR China. Tel.: þ 8610-82631857.
E-mail address: tzzhang10@gmail.com (T. Zhang).

0031-3203/$ - see front matter & 2013 Elsevier Ltd. All rights reserved.
http://dx.doi.org/10.1016/j.patcog.2013.02.018

The standard approach for analysis of video sequences involves
four primary parts: (1) moving object detection; (2) object classiﬁcation; (3) motion pattern learning and clustering and (4) activity
analysis. There is a lot of progress made in each of the modules. For
moving object detection, the Gaussian Mixture Model (GMM) [1] is
frequently adopted to model background. For classiﬁcation of
objects into different categories (e.g. a vehicle, a person), scene
context features (such as position, area in pixels, and velocity) [4]
are used to cluster trajectories into different types (vehicles vs.
pedestrians), and show effective performance by experimental
results. However, due to low resolution, shadow, and different
viewing angles, object classiﬁcation only using these features is
not enough in video surveillance. Therefore, a co-training based
method [5] is proposed to train classiﬁers with multiple different
kinds of features. For motion pattern learning and clustering, the
most commonly used features are low level motion and appearance
features [6–8]. Examples of such features include sparse or dense
optical ﬂows [9], spatiotemporal gradients [10], and object trajectories obtained after detection and tracking [11,5,3]. Based on
different descriptions, various learning and clustering methods are
adopted [12–14]. For activity analysis, existing approaches [1,4,5]
use clustered motion patterns to recognize the abnormal activities
of objects in video sequences.

2712

T. Zhang et al. / Pattern Recognition 46 (2013) 2711–2723

determine the output on each possible cluster and the correlations between different clusters are also considered in the
combination phase. Therefore, the connections between the
instances and the clusters are explicitly exploited by M4L. Compared with the existing approaches, the contributions of our work
can be summarized as follows.

Fig. 1. Multiple primary motion patterns may exist in a certain block as shown in
the red rectangle. Here, each trajectory represents a motion pattern. (For interpretation of the references to color in this ﬁgure caption, the reader is referred to
the web version of this Article.)

In this work, we mainly focus on the third part about motion
pattern learning and clustering, i.e., how to learn the motion
pattern and design a suitable clustering algorithm. As shown in
Fig. 1, object trajectory can be obtained by tracking algorithm [1],
and each trajectory is a potential motion pattern in the scene
image. Distribution of trajectories in a certain region can be
viewed as a Gaussian distribution from the statistic point of view.
The scene image can be divided into multiple cell blocks, and each
block may have multiple distributions (multiple clusters of
trajectories). Therefore, the Gaussian Mixture Model (GMM) is
adopted to learn spatial distributions of trajectories in each block,
and each Gaussian component is one of the underlying motion
pattern. Then, how to cluster the motion patterns of all blocks in
the scene image? Since each cluster of blocks is corresponding to
a certain motion pattern, grouping motion patterns can be done
by clustering blocks indirectly. For each block, each motion
pattern (Gaussian component) can be viewed as an instance,
and all motion patterns (Gaussian components or instances)
constitute a bag which may contain multiple semantic clusters
simultaneously. In this way, each block (bag) is associated with
not only multiple instances but also multiple clusters. Therefore,
we formulate the blocks grouping task as a Multi-instance Multicluster Learning (MIMCL) problem. There is little work directly
dealing with this problem. Most of the existing clustering
methods [15–18] are designed to solve traditional Singleinstance Single-cluster Learning (SISCL) problems, and some
methods [19,20] only consider a bag including one semantic
cluster and deal with Multi-instance Single-cluster Learning
(MISCL) problems. In many real-word cases, such as block
clustering, a bag (block) may belong to more than one clusters.
Therefore, it is unreasonable to adopt SISCL or MISCL formulation
and assign a bag to only one cluster.
Considering the MIMCL formulation and the maximum margin
clustering criterion [18,20,21], we propose a novel algorithm
named M4L, i.e. Maximum Margin Multi-instance Multi-cluster
learning, to cluster motion patterns for video scene modeling.
Brieﬂy, M4L assumes a linear model for each cluster, where the
output of a bag on one cluster is set to be the maximum
prediction scores of all the instances. Subsequently, the outputs
on all possible clusters for all instances of a bag are adopted to
deﬁne the margin. That is, for a certain cluster, the corresponding
margin of a bag is deﬁned by using the output of the most
discriminative instance, and the margin of the bag with respect to
the clustering system is set to be the minimum margin of the bag
over all possible clusters. Obviously, each instance is adopted to

1. We formulate motion pattern clustering in video surveillance
as a Multi-instance Multi-cluster Learning (MIMCL) problem,
which provides a new perspective and is very suitable to group
motion patterns.
2. To group motion patterns efﬁciently, we propose a novel
clustering algorithm denoted as M4L: Maximum Margin
Multi-instance Multi-cluster Learning, which adopts the theory of support vector machine and aims at ﬁnding the maximum margin hyperplane to separate the data from different
classes.
3. To solve the nonconvex M4L algorithm, we make use of
combination of Constrained Concave–Convex Procedure
(CCCP) and the Cutting Plane method for efﬁcient optimization
solution.
The rest of the paper is organized as follows. In Section 2, we
introduce some related work to this paper. The proposed
approach is described in details in Section 3 including motion
pattern learning and motion pattern clustering. Experimental
results are reported and analyzed in Section 4. Finally, we
conclude the paper with future work in Section 5.

2. Related work
The problem of scene modeling in visual surveillance is not
new [4,1,2,5,22,14,23–25]. In general, the task is to lay out the
structure of trafﬁc scenes (e.g., roads, sidewalks, intersections), or
learn motion patterns (e.g., pedestrian crossings, vehicles turning). The proposed work is an attempt to learn and cluster motion
patterns from static camera videos without any user intervention.
The most related work to our method is scene understanding in
visual surveillance, and clustering relevant methods. We review
the state-of-the-arts of these two topics, respectively.
2.1. Video scene understanding
In video surveillance, many methods attempt to learn motion
patterns for video scene understanding. Stauffer and Grimson [1]
use a real-time tracking algorithm in order to learn patterns of
motion (or activity) from the obtained tracks. Due to the use of
co-occurrence matrix from a ﬁnite vocabulary, these approaches
are independent from the trajectory length. However, the vocabulary size is limited for effective clustering and time ordering is
sometimes neglected. Hu et al. [2] generate trajectories using
fuzzy k-means algorithms for detecting foreground pixels. Trajectories are then clustered hierarchically and each motion
pattern is represented with a chain of Gaussian distributions.
However, the number of clusters must be given manually and the
data must be of equal length, which weakens the dynamic aspect.
Wang et al. [4] propose a trajectory similarity measure to cluster
the trajectories and then learn the scene model from trajectory
clusters. Basharat et al. [26] learn patterns of motion as well as
patterns of object motion and size. These approaches [4,26] are
adapted to real-time applications and time-varying scenes
because the number of clusters is not speciﬁed and they are
updated over time. However, it is difﬁcult to select a criterion for
new cluster initialization that prevents the inclusion of outliers

T. Zhang et al. / Pattern Recognition 46 (2013) 2711–2723

and insures optimality. Zhang et al. [5] model pedestrians’ and
vehicles’ trajectories as graph nodes and apply a graph-cut
algorithm to group the motion patterns together. The drawback
is the quality of the clusters which is dependent on the decision of
how to split (merge) a set that is not generally reﬂected along the
tree. Gryn et al. [27] introduce the direction map as a representation that captures the spatiotemporal distribution of motion
direction across regions of interest in space and time. However,
the direction map is able to capture only a single major orientation or motion modality at each spatial location of the scene. Yang
et al. [8] propose a novel unsupervised approach for video scene
understanding. They ﬁrst quantize low-level features into words,
then screen out useful words for motion pattern detection.
Moreover, they use diffusion maps framework to detect motion
patterns at different scales. Based on clustering of clips, they can
also identify dominant motion patterns occurring in each clip
cluster. Imran et al. [14] adopt a mixture model representation of
salient patterns of optical ﬂow, and present an algorithm for
learning these patterns from dense optical ﬂow in a hierarchical,
unsupervised fashion. In addition, their representation avoids any
quantization and loss of information in the feature space.
In this paper, we also attempt to learn motion patterns by
trajectory analysis for video scene understanding. Different from
many existing methods, our algorithm groups trajectories indirectly by clustering blocks ﬁrst. Moreover, we formulate motion
pattern clustering as a Multi-instance Multi-cluster Learning
problem, which provides a new perspective for video scene
understanding and is very suitable to group motion patterns.
2.2. Clustering relevant methods
Clustering [28,29] is one of the most fundamental research
topics in both data mining and machine learning communities. It
aims at dividing data into groups of similar objects, i.e. clusters.
Many clustering methods have been proposed in the literature for
last ten years, including k-means clustering [15], mixture models
[15], spectral clustering [16,17], maximum margin clustering [18],
and maximum margin multiple instance clustering (M3IC) [20].
For video scene understanding, we propose a maximum margin
multi-instance multi-cluster learning (M4L) method, which is
closely related to the learning frameworks of multi-instance
learning [30], multi-label learning [31,32], maximum margin
clustering [18], maximum margin multiple instance clustering
(M3IC) [20], maximum margin method for multi-instance multilabel learning (M3MIML) [33] and traditional supervised learning.
Multi-instance learning [30], or multi-instance single-label
learning (MISL), was proposed for investigation of drug activity
prediction problem. The task of MISL is to learn a function from a
set of MISL training examples, where a bag contains multiple
instances and has a label, and instance has no label. After the
seminal work of Dietterich et al. [30], numerous MISL learning
algorithms have been proposed [34,35] and successfully applied
to many applications especially in image categorization and
retrieval [36,37]. More works on MISL can be found in [38].
Multi-label learning [31,32], or single-instance multi-label
learning (SIML), originated from the investigation of text categorization problems. The task of SIML is to learn a function from a set
of SIML training examples, where a bag is an instance, and has
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multiple labels. A number of SIML learning algorithms have been
proposed by exploiting the relationships between different labels
[39,40]. SIML techniques have been successfully applied to
applications including text and image categorization [31,41].
More works on SIML can be found in [42].
Multi-instance multi-label learning (MIML) [43–45,33] is a
newly proposed framework, where each example in the training
set is associated with multiple instances as well as multiple
labels. Many real-world problems involving ambiguous objects
can be properly formalized under MIML. For instance, in image
classiﬁcation, an image generally contains several naturally partitioned patches, and each can be represented as an instance, while
such an image can correspond to multiple semantic classes
simultaneously, such as clouds, grassland and lions.
Xu et al. [18] proposed maximum margin clustering (MMC),
which borrows the idea from the support vector machine theory
and aims at ﬁnding the maximum margin hyperplane which can
separate the data from different classes in an unsupervised way.
Their experimental results showed that the MMC technique often
obtains more accurate results than the conventional clustering
methods. Therefore, considering the MISL, SIML, MIML, and
maximum margin criterion, many clustering methods are proposed, such as, maximum margin multiple instance clustering
(M3IC) [20], maximum margin method for multi-instance multilabel learning (M3MIML) [33].
According to the above deﬁnitions, it is clear that the traditional supervised learning (SISL) can be regarded as a degenerated
version of either MISL or SIML. Furthermore, SISL, MISL and SIML
are all degenerated versions of MIML. Our multi-instance multicluster learning (MIMCL) problem is different from multi-instance
multi-label learning (MIML). The MIMCL is for clustering, and we
do not know the label information. However, The MIML is for
classiﬁcation, and we know the label information used to learn
model. Moreover, our maximum margin multi-instance multicluster Learning (M4L) is different from maximum margin multiple instance clustering (M3IC) [20] and maximum margin method
for multi-instance multi-label learning (M3MIML) [33]. That is
because the M3IC is a Multi-instance Single-cluster Learning
(MISCL) method, and M3MIML is a supervised learning method
for classiﬁcation.

3. Our scene modeling algorithm
Scene modeling in video surveillance is to learn and cluster
motion patterns which are the moving paths and directions of
objects, from observing the behavior of moving objects. The ﬂowchart of our method is shown in Fig. 2. Given input video, after
object detection and tracking, we adopt our scene modeling algorithm, and output semantic scene models. For video scene modeling,
we take two steps. For the ﬁrst step, trajectories obtained by object
tracking are described in a parametric way (Section 3.1.1) and scene
image is cut into multiple blocks. Each block is viewed as the
distributions of trajectories (trajectories’ parameters and moving
directions of objects). Trajectory distribution in a block can be
viewed as a Gaussian distribution from statistic point of view.
Because each block may have multiple distributions, the Gaussian
Mixture Model (GMM) is adopted to describe spatial distributions of

Fig. 2. The ﬂowchart of our proposed scene modeling method.
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trajectories for each block (Section 3.1.2). Each of the Gaussian
components is one of the underlying motion patterns. For the
second step, we cluster the blocks to group the motion patterns
indirectly. We formulate the block grouping task as a Multi-instance
Multi-cluster Learning (MIMCL) problem, where each block is
associated with not only multiple instances (motion patterns) but
also multiple clusters. Then, we propose a Maximum Margin Multiinstance Multi-cluster Learning method to cluster blocks to obtain
their corresponding semantic regions.
Based on the semantic regions and their corresponding motion
patterns, trajectories are further clustered. For each cluster of
trajectories, primary trajectories are learnt by Mean-Shift algorithm [46]. As a result, video scene modeling are learnt. Next, we
will introduce how to learn motion patterns for each block in
Section 3.1, and show the detail about how to cluster the motion
patterns in Section 3.2.

3.1. Motion pattern learning
3.1.1. Trajectory description
We implement real-time background subtraction and tracking
as [1], so that moving objects can be reasonably separated from
background and tracked over time. For each object, the corresponding trajectory is obtained as shown in Fig. 3. In the 2-D
image coordinates, whose origin is on the bottom left corner, a
trajectory can be described as T ¼ fðx1 ,y1 Þ,ðx2 ,y2 Þ, . . . ,ðxn ,yn Þg. In
general trafﬁc scenes, trajectory of a vehicle is not complicated,
for simplicity, we use quadratic curve (y ¼ a  x2 þ b  x þ c) to
describe the trajectory. For a tracked object, all points from start
point to end point are collected to calculate the parameters (a, b,
c) by least squares ﬁt to the y values. Moving direction of object
(v) is quantized into four directions as in Fig. 1. The parameters
(a, b, c, v) are features of a trajectory.
Noisy points have a bad effect on the least squares algorithm to
learn the parameters (a, b, c). Therefore, we have to preprocess each
trajectory to delete these points. For a trajectory T ¼ fðx1 ,y1 Þ,
ðx2 ,y2 Þ, . . . ,ðxn ,yn Þg, distance between near points is deﬁned as
di ¼ Jxi þ 1 xi J þJyi þ 1 yi J, and change of distance Ddi is
Jdi þ 1 di J. The mean u and the standard deviation d of
fDdi ,i ¼ 1,2, . . . ,n2g can be obtained. If JðDdi uÞ=dJ 42:5, the
three points ðxi ,yi Þ,ðxi þ 1 ,yi þ 1 Þ and ðxi þ 2 ,yi þ 2 Þ are considered to be
unstable and deleted; otherwise, these points are saved and used to
calculate the parameters. Instead of saving all points of a trajectory,
the parametric way reduces storage space. In addition, it is convenient to extract motion patterns. Some results of trajectory
description in a parametric way are showed in Fig. 3. Based on this
description, blocks which one object has passed will be set to the
same parameters (a, b, c, v) based on the object’s trajectory. As a
result, this description reﬂects the spatial distribution of trajectory.
Finally, we can adopt the trajectory parameters to group the blocks
with similar motion patterns.

3.1.2. Learning motion patterns by GMM algorithm
There are lots of motion patterns in trafﬁc scenarios. These
motion patterns can be obtained for each pixel in the scene image,
but it is time and storage consuming. Since adjacent pixels in
scene image have similar motion patterns, it is feasible to cut the
scene image into R  C relatively small blocks as shown in Fig. 1
and learn these motion patterns based on each block.
Objects can be classiﬁed into vehicles or pedestrians, and there
are two types of trajectories. One belongs to vehicles, and the other
belongs to pedestrians. For each type of trajectory, the motion
patterns of each block can be viewed as Gaussian distributions from
statistic point of view. Because each block may contain many
motion patterns, we adopt the multiple Gaussian models to represent them. There are four advantages to learn motion patterns by
the GMM algorithm: (1) Multiple Gaussian models are enough to
describe each block which may contain many various motion
patterns. This is because the number of trafﬁc rules is limited,
which causes the number of motion patterns in each small block to
be limited. (2) Outlier trajectories can be removed by updating the
weight of Gaussian model, hence primary motion patterns can be
learnt from long-term observations. (3) The weight of Gaussian
model can be viewed as the importance of its corresponding motion
pattern, hence the number of important activities will be known.
(4) The computational cost is low.
Our algorithm can be described as follows. For each type of
trajectory, each block in the scene is modeled by a mixture of
K Gaussian distributions for trajectory parameters. For a certain
block, the series of trajectories fT t ¼ ðat ,bt ,ct ,vt ÞgN
t ¼ 1 which have
passed the block are obtained. Here (at , bt , ct , vt ) are parameters
of a trajectory Tt, and are used to learn the parameter distribution
of the block. The probability that the block has a value of T t at
time t can be written as
PðT t Þ ¼

K
X

wi,t  ZðT t ,ui,t , Si,t Þ,

ð1Þ

i¼1

where wi,t is the weight parameter of the ith Gaussian component
at time t, ZðT t ,ui,t , Si,t Þ is the ith Normal distribution of component
with mean ui,t and covariance Si,t . Here Si,t is assumed to be
diagonal matrix. Although this is certainly not the case, the
assumption allows us to avoid a costly matrix inversion at the
expense of some accuracy.
ui,t ¼ ðuai,t ,ubi,t ,uci,t ÞT

ð2Þ

si,t ¼ ðsai,t , sbi,t , sci,t ÞT

ð3Þ

0

sai,t

B
1=2
Si,t
¼B
@ 0
0

0

sbi,t
0

0

1

C
0 C
A

ð4Þ

sci,t

Fig. 3. Examples of trajectory ﬁtting. The white arrows are the moving directions of objects. (b) and (d) are the trajectory ﬁtting results corresponding to two trajectories
(a) and (c), respectively.
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The K distributions are ordered based on the ﬁtness value wi,t .
Parameters u and s for unmatched distributions remain the same.
The ﬁrst Gaussian component that matches the test trajectory will
be updated by the following update equations:
wi,t ¼ ð1aÞwi,t1 þ aðM i,t Þ

ð5Þ

ui,t ¼ ð1rÞui,t1 þ rT t

ð6Þ

s2i,t ¼ ð1rÞs2i,ðt1Þ þ rðT t ui,t ÞT ðT t ui,t Þ

ð7Þ

r ¼ aZðT t 9ui,t , si,t Þ,

ð8Þ
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patterns, and each pattern can be viewed as an instance. All
motion patterns (instances) of a block are constituted of a bag. For
the bag, it may belong to multiple semantic clusters simultaneously. Then, the motion pattern clustering problem is transformed into grouping blocks, which is a standard MIMCL problem.
For mathematical description, suppose we are given a set of n
bags, fBi ,i ¼ 1,2, . . . ,ng, where n ¼ R  C is the number of blocks,
!k^
and Bi ¼ f g i~j~ 9k^ ¼ 1, . . . ,Kg contains the K motion patterns of the
~ The instances (motion patterns) in the bag B are
block ð~i, jÞ.
i

where M i,t is 1 for the model which matched and 0 for the
remaining models, 1=a deﬁnes the time constant which determines change. If none of the K distributions matches the trajectory, the component with the minimum weight is replaced by a
distribution with the current value (at , bt , ct ) as its mean, the vt as
its moving direction, an initially high variance, and a low weight
parameter. In our experiments, the number of primary motion
pattern of a small block is no more than 3 in the trafﬁc scene,
therefore, K is manually set to be 3 for simplicity. For our method,
this parameter is not critical to decide the number of motion
patterns in each block. This is because we have the weight (wi,t )
for each Gaussian component (motion pattern), which can help us
decide the importance of each motion pattern and the number of
motion patterns in each block. a is manually set to be 0.1, the
initial high variance of (a, b, c) are (0.05, 0.2, 20), the low weight is
0.05. When we learn motion patterns for each block, we do not
update the vt based on the GMM algorithm for each motion
pattern. We adopt a simple way to obtain the motion direction for
each motion pattern by counting the four possible directions.
To improve the motion pattern learning, outlier trajectories must
be removed. Usually these are noisy trajectories caused by tracking
or classiﬁcation errors, anomalous trajectories, e.g., a car drives out
of the way, or some pedestrians roaming between different paths. In
visual surveillance, these may be of particular interest, and as
expected our algorithm can detect them. For a scene, the GMM
algorithm is adopted to learn motion patterns for a long time. If a
trajectory’s parameters are similar with the motion patterns of
blocks which the object has passed, and the motion patterns have
a high weight, the trajectory is received to update the GMM model.
Otherwise, the trajectory is viewed as a noisy trajectory and deleted.
After the motion pattern learning, each block has K Gaussian
distributions, and each of the Gaussian components is one of the
underlying motion patterns. For a scene, all motion patterns (G)
!k^
learnt by GMM algorithm are collected into G ¼ f g ij 9i ¼
^

^ k^ ^
^
!k
1,2, . . . ,R,j ¼ 1,2, . . . ,C, k^ ¼ 1, . . . ,Kg, where g ij ¼ ðakij ,bij ,ckij ,vkij ÞT is
the k^ th motion pattern of the block (i, j). In a block, each
^ k^ ^
^
!k^
Gaussian component ( g ij ¼ ðakij ,bij ,ckij ,vkij ÞT )is viewed as an

instance, and all Gaussian components are composed of a bag.
Next, we introduce how to use the proposed M4L algorithm to
cluster the blocks to group motion patterns.
3.2. Motion pattern clustering
3.2.1. Problem description
Up to now, the problem is how to cluster motion patterns. In a
scene image, some blocks may contain multiple different motion
patterns, and our aim is to cluster the blocks which have a certain
motion pattern. After motion learning as introduced in Section
3.1.2, each block generally contains several primary motion

denoted as Bi ¼ fBi1 ,Bi2 , . . . ,Bini g, where ni is the total number of
instances in this bag and is equal to K. Our goal is to group these
given bags (blocks) into k clusters, such that the semantic
concepts in different clusters can be distinct from each other
and each bag may be contained in multiple clusters.
3.2.2. Formulation
Given a sample (Bi ; Oi ), let Oi denote all possible clusters for Bi.
For each cluster p A f1,2, . . . ,kg, we deﬁne a weight vector wp. M4L
assumes that the p-th cluster belongs to Oi if one instance Bij in
bag Bi has the maximum prediction with respect to wp. That is
(
)

Oi ¼ p9p ¼ arg max ðwTp Bij Þ,Bij A Bi

ð9Þ

p A f1,2,...,kg

The Oi denotes that the bag Bi may belong to multiple clusters.
We can deﬁne the bag margin of a bag Bi on the p-th cluster
(p A Oi ) as
BMp ¼ max ðwTp Bij wTpn Bij Þ

ð10Þ

j A Bi

where, pn ¼ arg maxq\p ðwTq Bij Þ. Throughout this paper, ‘‘\’’ means
ruling out. Therefore, this deﬁnition can also be written as:
pn ¼ arg maxq a p ðwTq Bij Þ. It is obvious that BMp is determined by
the most ‘‘discriminative’’ instance for cluster p. Then, the margin
of the bag Bi with respect to the clustering system is set to be the
minimum margin of (Bi ; Oi ) over all possible clusters
minmax ðwTp Bij wTpn Bij Þ

ð11Þ

p A Oi j A B i

Compared with the maximum margin multiple instance
clustering (M3IC) [20] method, we can see the deﬁnitions of bag
margin are different. In [20], the authors adopt Eq. (10) as the bag
margin, which just describes one possible cluster. However, for
our problem, the bag margin is deﬁned as Eq. (11), which
represent the margin over all possible clusters.
In addition, as shown in [18,20], it is necessary to add a
constraint to keep the cluster balance, which can avoid a trivially
optimal solution by assigning all patterns to the same class. In
this case, the resultant margin will be inﬁnite. Moreover, it can
also separate a single outlier or a very small group of samples
from the rest of the data. Therefore, we consider the following
equation to alleviate such trivial solutions.
l r

n X
n X
X
X
1 T
1 T
wp Bij 
w B rl
n
n q ij
i ¼ 1 jAB i
i ¼ 1 jAB i
i

ð12Þ

i

Considering these issues, M4L can then be formulated as
min

w1 ,...,wk , xi Z 0

s:t:

k
n
1X
CX
Jwp J2 þ
x
2p¼1
ni¼1 i

i ¼ 1, . . . ,n,
(

Oi ¼ p9p ¼ arg max
p A f1,2,...,kg

minmax

p A Oi j A B i

)
ðwTp Bij Þ,Bij A Bi

ðwTp Bij wTpn Bij Þ Z1xi

8p,q A f1,2, . . . ,kg
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l r

n X
n X
X
X
1 T
1 T
wp Bij 
wq Bij rl
n
n
i
i ¼ 1 jAB
i ¼ 1 jAB i
i

ð13Þ

i

However, it is difﬁcult to solve the optimization problem (13).
This is because the convexity of wTpn Bij is unknown. To tackle this
problem, we replace wTpn Bij with meanq\p wTq Bij . The ‘‘mean’’ function calculates the average value of the input function with
respect to the subscript variable. Therefore, Eq. (11) turns to


k
ð14Þ
max ðwTp Bij meanq wTq Bij Þ
min
p A Oi k1 j A Bi
For simplicity, we deﬁne two concatenated vectors to consider
~ ¼ ½wT1 ,wT2 , . . . ,wTp , . . . ,wTk T and
all clusters together, which are w
BijðpÞ ¼ ½0,0, . . . ,BTij , . . . ,0T , where 0 is a 1  d zero vector, and d is
the dimension of Bij. In BijðpÞ , only the ðp1Þd þ1 to pd-th elements
~ T BijðpÞ ¼ wTp BTij .
are nonzero and equal to Bij. Then, we have w
Combining with Eq. (14), the formulation (13) can be transformed
to
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In the following subsections, we will introduce how to solve
Eq. (15) by use of Cutting Plane Optimization and CCCP.
3.2.3. Cutting plane optimization
~
To simplify the notation, we deﬁne three functions: gðw,i,
~
~
~ T BijðqÞ , hðw,i,pÞ
~ T BijðpÞ meanq w
¼ k=ðk1Þmaxj A Bi gðw,i,j,pÞ
j,pÞ ¼ w
~
~ ¼ minp A Oi hðw,i,pÞ.
and f ðw,iÞ
For Eq. (15), there are n slack variables xi . To solve it efﬁciently,
we ﬁrst derive the 1-slack form of Eq. (15) as in [47]. More
speciﬁcally, we introduce a single slack variable x Z 0 and
reformulate Eq. (15) into the following optimization problem:
1
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It has been proved that the solution to Eq. (16) is identical to
P
Eq. (15) with x ¼ ð1=nÞ ni¼ 1 xi in paper [47]. Although the
number of variables in Eq. (16) is greatly reduced, the number
of constrains is increased from n to 2n . Our proposed algorithm
targets to ﬁnd a small subset of constraints from the whole set of
constraints in Eq. (16) that ensures a sufﬁciently accurate solution. Speciﬁcally, we employ an adaptation of the cutting plane
algorithm [48] to solve the maximum margin clustering problem,
where we construct a nested sequence of successively tighter
relaxations of Eq. (16) as follows:
min

~ xZ0
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Moreover, [47] proves theoretically that we can always ﬁnd a
polynomially sized subset of constraints, with which the solution
of the relaxed problem fulﬁlls all constraints from Eq. (16) up to a
precision of e, i.e.
8c A f0,1gn :
n
n
1X
1X
~ Z
ci f ðw,iÞ
c ðx þ eÞ
ni¼1
ni¼1 i
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That is, the remaining exponential number of constraints are
guaranteed to be violated by no more than e, without the need for
explicitly adding them to the optimization problem. Eq. (17)
starts with an empty constraint subset C and it computes the
optimal solution subject to the constraints in C. After getting the
~ the most violated constraint can be computed as
solution w,
(
~ r1
1, if f ðw,iÞ
ci ¼
ð19Þ
0, otherwise
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The algorithm then adds the most violated constraint into the
subset C. In this way, we construct a successive strengthening
approximation of the original problem (16) by a cutting plane that
cuts off the current optimal solution from the feasible set [48].
The algorithm stops when no constraint in (17) is violated by
more than e.
3.2.4. Optimization via the CCCP
In each iteration of the cutting plane algorithm, we need to
solve problem (17) to obtain the optimal classifying hyperplane
under the current working constraint set C. Although the objective function in (17) is convex, the constraints are not, which
makes Eq. (17) difﬁcult to solve. However, the constraint can be
viewed as the sum of a convex function and a concave function.
Therefore, it is very suitable for our problem using the Constrained Concave–Convex Procedure (CCCP), which is just
designed to solve the optimization problems with a concave
convex objective function with concave convex constraints [49].
~ ðt þ 1Þ from
~ ð0Þ , CCCP iteratively computes w
Given an initial point w
~
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with its ﬁrst order Taylor expansions at
w
~ ðtÞ , and solving the resulting quadratic programming problem,
w
until convergence. In the following, we will show how to utilize
CCCP to solve Eq. (17).
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subgradient as follows:
~
@f ðw,iÞ
9w~ ¼ w~ ðtÞ
~
@w
~
~
~
@f ðw,iÞ
@hðw,i,pÞ
@gðw,i,j,pÞ
¼


9w~ ¼ w~ ðtÞ
~
~
~
@hðw,i,pÞ
@gðw,i,j,pÞ
@w
0
!!1
k
X
X
X ðtÞ
k
ðtÞ
@a
A
¼
bij 
BijðpÞ
BijðpÞ 1=k
ip
k1
ðtÞ
p¼1
jAB
p A Oi

where
8
>
<1
¼
aðtÞ
ip
>
:0

i

~ ðtÞ ,i,pÞ
if p ¼ arg min hðw
p A OðtÞ
i

otherwise

ð20Þ

T. Zhang et al. / Pattern Recognition 46 (2013) 2711–2723

f ¼ ðJc1 J1 , . . . ,Jc9C9 J1 ,l, . . . ,l ÞT ,
ﬄ}
|ﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄ{zﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄﬄ} |ﬄﬄﬄ{zﬄﬄ
2

and
ðtÞ

bij ¼

8
<1

~ ðtÞ ,i,j,pÞ
if j ¼ arg max gðw

:

otherwise:

Aqp ¼ ð1, . . . ,1 ,0, . . . ,0 ÞT ,
|ﬄﬄﬄﬄ{zﬄﬄﬄﬄ} |ﬄﬄﬄﬄ{zﬄﬄﬄﬄ}
9C9

Given an initial point w0, the CCCP computes wt þ 1 from wt by
~
replacing f ðw,iÞ
in the constraint with its ﬁrst-order Taylor
expansion at wt, i.e.
~ w
~ ðtÞ ÞT
~ ¼ f ðw
~ ðtÞ ,iÞ þ ðw
f ðw,iÞ

~
@f ðw,iÞ
9w~ ¼ w~ ðtÞ
~
@w


k
~ T BijðpÞ meanq w
~ ðtÞ ÞT
~ T BijðqÞ Þ ðw
þ min
maxðw
p A Oi k1 j A Bi
0
!!1
k
X ðtÞ
X
X
k
ðtÞ
@
A

aip
bij 
BijðpÞ
BijðpÞ 1=k
k1
ðtÞ
p¼1
jAB

~T
¼w

~
@f ðw,iÞ
9w~ ¼ w~ ðtÞ
~
@w



x’
ð21Þ

1
~ 2 þC x
JwJ
2
s:t: i ¼ 1, . . . ,n 8c A C
n
n
~
1 TX
@f ðw,iÞ
1X
~
ci
ci x
w
9w~ ¼ w~ ðtÞ Z
~
n
@w
n
min

~ xZ0
w,

i¼1

ð22Þ

i

Following the CCCP, the obtained solution wt from this problem is
then used as wt þ 1 and the iteration continues until convergence. Eq.
(22) can be solved by any state-of-the-art QP solvers, such as Mosek
[50]. However, there are many constraints. For simplicity, we try to
use the Wolfe dual of Eq. (22) to obtain the optimum solution.
First, we deﬁne four variables as follows: Jcm J1 ¼ ð1=nÞ
P
Pn
~
~ w~ ¼ w~ ðtÞ ,
zm ¼ ð1=nÞ ni¼ 1 cmi @f ðw,iÞ=@
w9
i ¼ 1 c mi ,m ¼ 1, . . . ,9C9;
Pn P
m ¼ 1, . . . ,9C9; b0 ¼ i ¼ 1 j A Bi ð1=ni ÞðBijðpÞ BijðqÞ Þ,p,qA f1, . . . ,kg
and x0 ¼ ½zm b0 b0 .
The Wolfe dual of Eq. (22) is
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To solve Eq. (23), we use the matlab quadratic programming
function ‘‘quadprog’’. That is
min
x
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~ Tw
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1: Input:
Data: bags fB1 , . . . ,Bn g
Parameters: cluster number k, balance parameter l,
regularization constant C, CCCP solution precision e1 , cutting
plane solution precision e
Cutting Plane Iterations:
2: Obtain fBijðpÞ g based on data.
~ t , C ¼ |, t¼0, and 81r i rn, ci ¼ 0.
3: Initialize w
4: Solve Eq. (22) and add constraints into C by (19).
5: while Eq. (18) is true with all the selected constraint c do
6: t ¼ t þ 1
7: CCCP Iterations:
~ t1 , s¼ 0, DQ ¼ 102 , Q 1 ¼ 102
~ ts ¼ w
8: Initialize w
while DQ =Q s1 4 e1 do
~ ts þ 1 of problem (22) under C by
10:
Get the solution w

9:

~ ðts þ 1 Þ ’
w

9C9
X

m¼1
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15:
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Algorithm 1. The proposed M4L algorithm.

By substituting the above ﬁrst-order Taylor expansion (21) into
Eq. (17), we obtain the following quadratic programming (QP)
problem:

9C9
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n
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c
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~
n i ¼ 1 mi @w

~ we can use Eq. (9) to obtain the
Based on the learned w,
clusters Oi for the bag Bi. The whole process of our solution is
summarized in Algorithm 1.
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After obtaining the solution for Eq. (24), the solution of Eq. (22)
can be obtained as follows:
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end while
~ t ¼w
~ ts
w
Compute the most violated bags, i.e., cti , by
1,

~ t ,iÞ r 1
if f ðw

0,

otherwise

and update the constraint set C by C ¼ C [ ct
16: end while
17: Output:
The cluster assignment results for each bag Oi .

Q ðxÞ ¼

s:t:
where,

H ¼ xT0 x0 ,bqp ¼ C,

ð24Þ

4. Experimental results
In this section, we present a set of experiments to validate the
effectiveness and the efﬁciency of the proposed method.
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4.1. Datasets
We use three real world trafﬁc datasets: the CASIA dataset [5],
the NGSIM dataset [51] and the MIT dataset [7] as shown in Fig. 4.
The CASIA dataset contains two typical scenes including straight
road (S1) and crossroad (S2) in trafﬁc scenes. The image size is
240  320. The NGSIM trafﬁc scene dataset is almost 19 minutes
long with image size of 420  600. The MIT dataset contains
multiple video sequences about 92 minutes long from far-ﬁeld
trafﬁc scenes with image size of 480  720. There are myriads of
activities and interactions in the video data. All the three datasets
contain multiple motion patterns of vehicles and also include
illumination changes, occlusions, and different environmental
effects.
4.2. Implementation details
All the experiments are conducted with MATLAB R2008b on
a 2.66 GHz Intel Core(TM)2 Duo PC running Windows Vista
with 2.0 GB main memory. On the CASIA dataset [5], NGSIM

dataset [51], and MIT dataset [7], the scene images are experimentally cut into 16  16 blocks, 24  32 blocks, 24  36 blocks,
respectively.
For M4L, we set e ¼ 0:01, e1 ¼ 0:01, and the class imbalance
parameter l is set by grid search from the grid ½0:01,0:1,1 : 1 :
5,10 and the parameter C is determined by searching from the
~ 0 is randomly initialized. To avoid the
exponential grid 2½3:1:3 . w
local minimal problem, for each experiment, we run the M4L
algorithm many times independently and report the ﬁnal result
with the minimal Q. In our experiments, we run 15 times. Like
most of the existing clustering algorithms, it is difﬁcult to
decide the number of clusters. For our problem, we can obtain
the probable number of clusters by use of the weight of each
Gaussian component. Instead, in this work, we set the number
of clusters manually based on the primary motion patterns in
trafﬁc scenes.
A block may include noisy motion pattern in real applications.
To solve this problem, we can set a threshold th experimentally
and conﬁrm Oi ¼ fp9p ¼ arg maxp A f1,2,...,kg ðwTp Bij Þ,wTp Bij 4th,j A Bi g.
In the experiments, we use the weight of Gaussian component

Fig. 4. Three datasets: (a) the CASIA dataset [5] (two scenes: S1 and S2), (b) the MIT dataset [7], and (c) the NGSIM dataset [51].

Fig. 5. (a) The scene image is cut into 8  8 blocks. (b) The values of b of the motion pattern with the highest weight in each block. Because the road is straight line,
the parameter a is 0. For display, we omit the values of c.

Fig. 6. Results of clustering blocks with similar motion patterns on CASIA dataset. (a) The six semantic regions in scene S1. (b) The eight semantic regions in scene S2.
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to remove the noisy motion patterns. In addition, the data may be
non-linearly separable, and it is better to map the data into a
higher dimensional feature space via some mapping jðBijðpÞ Þ and
construct a separating hyperplane with maximum margin. This
yields a non-linear decision boundary in the original input space,
and Gaussian kernel can be adopted.
Since it is difﬁcult to quantitatively evaluate the different
methods by a criteria, most of existing work [4,8,5,14] attempt to
demonstrate the effectiveness and efﬁciency of the methods by
displaying the learned motion patterns in the video sequence. In
this work, we adopt the trajectory clustering results to quantitatively compare with previous methods.
4.3. Motion pattern learning results
In Fig. 5, we show a simple example about the learned motion
patterns on CASIA dataset. As shown in Fig. 3, vehicles are tracked
from the entry point to the exit point, then the trajectories are ﬁt to
get motion pattern for each block which the vehicle has passed. As
illustrated in Fig. 5, the scene image is cut into multi-blocks in
Fig. 5(a). In the experiments, R and C are both set to be 8 for the
320  240 image resolution. Because the road is straight line, the
parameter a is 0. For display, we omit the values of c, and just show
the values of b for all blocks. The values of b of motion pattern with
the highest weight in each block is displayed in Fig. 5(b). For blocks
which vehicle has not passed, their features are 0. The GMM
algorithm updates weight in an online way, which guarantees that
the primary distribution for each block can be learnt. Based on
Fig. 5(b), we can see that most of blocks have similar motion patterns.
By clustering the blocks, we can group motion patterns and obtain
the corresponding semantic regions. This results exhibit that our
approach is effective to learn primary motion patterns for each block.

group motion patterns and is suitable to solve the MIMCL
problem.
Results on CASIA dataset. Three trajectory clustering methods
are compared in our experiments on this dataset. For clarity,
they are denoted as I, II and III. I: As mentioned in paper [4], the
modiﬁed Hausdorff distance is viewed as trajectory similarities
and use spectral clustering [52]. II: Cluster trajectories based on
their distributions [5]. III: our M4L method takes two steps to
obtain semantic regions. The ﬁrst step is cutting the scene
image into multiple blocks and learning motion patterns for
each block by the GMM algorithm. For scene S1 and S2, the
scene image 320  240 is cut into 16  16 blocks. The second
step is clustering these motion patterns with M4L method.
Blocks having similar motion patterns are clustered to construct semantic region. On CASIA dataset, some results about
block clustering are shown in Fig. 6(a) and (b). In scene S1 and
S2, there are six and eight semantic regions of vehicles,
respectively. Each of them represents a primary motion
pattern.
Based on the semantic regions and their corresponding motion
patterns, trajectories which ﬁt the same semantic regions are
considered as a cluster. To make a quantitative comparison, the
statistical results of trajectory clustering in scene S1 are calculated. On this dataset, we give the details of average recall and
average precision of the six clusters. The average recall and
Table 2
The Precision and Recall of two different methods on MIT dataset. TP is true
positive, FN is false negative, FP is false positive.
Method

Cluster

TP

FN

FP

Recall (%)

Precision (%)

I

1
2
3
4
5
6
7
8
9
10

72
152
247
464
51
62
112
77
142
25

12
39
44
137
13
19
11
18
34
8

9
29
51
153
9
10
17
13
27
17

85.7
79.6
84.9
77.2
79.7
76.5
91.1
81.1
80.7
75.8

88.9
84.0
82.9
75.2
85.0
86.1
86.8
85.6
84.0
59.5

II (Our)

1
2
3
4
5
6
7
8
9
10

72
152
247
464
51
62
112
77
142
25

9
21
29
67
10
12
8
7
20
4

7
17
33
68
8
9
16
7
17
5

88.9
87.9
89.5
87.4
83.6
83.8
93.3
91.7
87.7
86.2

91.1
89.9
88.2
87.2
86.4
87.3
87.5
91.7
89.3
83.3

4.4. Motion pattern clustering results and analysis
For our proposed method, the convergence speed is very fast,
and the computational time is less than 4 min on the three
datasets, respectively. Based on the clustering results, we can
conﬁrm that our M4L method is very efﬁcient and effective to
Table 1
The comparisons among three methods about average precision and average recall
in scene S1 on the CASIA dataset.
Method

Average precision (%)

Average recall (%)

I
II [5]
III (Ours)

91.6
96.5
99.1

94.5
98.6
99.3
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Fig. 7. Results of clustering blocks with similar motion patterns on MIT dataset including ten semantic regions.
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Fig. 8. Results of clustering blocks with similar motion patterns on NGSIM dataset with twelve semantic regions.

precision are 99.3% and 99.1%, respectively, which are better than
the result in [5] (98.6% and 96.5%). The detail is shown in Table 1.
Based on the results, we can conﬁrm that our M4L method is
effective to cluster motion patterns.
Results on MIT dataset. Two trajectory clustering methods are
compared on this dataset. The ﬁrst method is denoted as I, which
adopts the modiﬁed Hausdorff distance as trajectory similarities and
uses spectral clustering [52]. The second is our method. On this
dataset, the scene image 480  720 is cut into 24  36 blocks. By use
of our method, we obtain ten primary motion patterns as shown in
Fig. 7. Based on the results and motion patterns, trajectories are
grouped into ten clusters. To make a quantitative comparison,
the statistical results are illustrated in Table 2. For the 1404
trajectories, there are ten clusters. The ground truth annotation
of each cluster is labeled manually. There are 72, 152, 247, 464,
51, 62, 112, 77, 142 and 25 trajectories for cluster 1, 2, 3, 4, 5, 6,
7, 8, 9 and 10 respectively. Recall and Precision are used to
measure the performance. These results show our method II
performs the better. The average recall and precision are 88:0%
and 88:2%, respectively, which are better than the results with
[5] (79:8% and 81:7%).
Results on NGSIM dataset. We adopt the same way as on MIT
dataset to compare our method with [4]. For our method, the
scene image 420  600 is cut into 24  32 blocks, and the twelve
primary motion patterns on this dataset are shown in Fig. 8. By
use of the results of clustering blocks with similar motion
patterns and their corresponding motion patterns, trajectories
which belong to similar motion patterns are considered as a
cluster. To make a quantitative comparison, the statistical results
of trajectory clustering are illustrated in Table 3. For the 1365
trajectories, there are twelve clusters. The ground truth annotation of each cluster is labeled manually. There are 498, 294,
37, 58, 121, 66, 76, 83, 47, 12, 38 and 35 trajectories for cluster
1, 2, 3, 4, 5, 6, 7, 8, 9, 10, 11 and 12 respectively. Recall and
Precision are used to measure the performance. Compared with
the method I, we can conﬁrm that our method is efﬁcient to
cluster motion patterns, and obtains much better performances. On this dataset, the average recall and precision are
88.5% and 87.5%, respectively, which are better than the
performance of [5] (78.7% and 80.2%).
As can be seen in Figs. 6–8, the proposed method is able to
detect multiple semantic motion patterns in a completely
unsupervised manner. In these crowded trafﬁc scenes, multiple
co-occurring patterns happen in the same region. We can
see that our algorithm successfully groups blocks with
multiple clusters corresponding to multiple semantical motion
patterns.

Table 3
The Precision and Recall of two different methods on NGSIM dataset. TP is true
positive, FN is false negative, FP is false positive.
Method

Cluster

TP

FN

FP

Recall (%)

Precision (%)

I

1
2
3
4
5
6
7
8
9
10
11
12

498
294
37
58
121
66
76
83
47
12
38
35

101
79
11
13
21
18
12
9
14
6
12
10

93
81
9
15
25
21
19
7
15
5
7
9

83.1
78.8
77.1
81.7
85.2
78.6
86.4
90.2
77.1
66.7
76.0
77.8

84.3
78.4
80.4
79.5
82.9
75.9
80.0
92.2
75.8
70.6
84.4
79.6

II (Our)

1
2
3
4
5
6
7
8
9
10
11
12

498
294
37
58
121
66
76
83
47
12
38
35

17
11
8
6
13
7
9
5
15
1
8
8

9
16
5
9
18
9
6
4
13
4
6
9

96.7
96.4
82.2
90.6
90.3
90.4
89.4
94.3
75.8
92.3
82.6
81.4

98.2
94.8
88.1
86.6
87.1
88.0
92.7
95.4
78.3
75.0
86.4
79.6

4.5. Semantic region results and analysis
Based on the clustering blocks and their corresponding motion
patterns, trajectories which ﬁt the same regions are considered as
a cluster. For each cluster of trajectories, the methods in [5] are
used to learn the corresponding semantic scene region. The path
region is obtained by thresholding the density distribution. The
learned semantic scene regions on three datasets are shown in
Figs. 9–11. The red lines are the primary trajectories, which
represent the primary motion patterns. The red arrows are the
moving directions of objects, and the regions denoted with color
are the learned paths of vehicle.
The results in Figs. 9–11 show the primary motion patterns
happening on the three datasets. Let us take the results in Fig. 11 as
an example. The scene is a crossroad, and contains multiple complex
motion patterns. The learned motion patterns are time continuous
and their distributions in the scene image are consistent with the
actual paths. Therefore, they are very meaningful and represent the
activities of objects at a higher semantic level. The similar results on
this dataset are shown in [8,14], which adopted multi-scale analysis
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Fig. 9. The ﬁne results of semantic scene regions in scene S1 and S2. The red arrows are the moving directions of objects, and the red curves are the primary trajectories.
(For interpretation of the references to color in this ﬁgure caption, the reader is referred to the web version of this Article.)

Fig. 10. The ﬁne results of semantic scene regions on MIT dataset. The red arrows are the moving directions of objects, and the red curves are the primary trajectories. (For
interpretation of the references to color in this ﬁgure caption, the reader is referred to the web version of this Article.)

Fig. 11. The ﬁne results of semantic scene regions on NGSIM dataset. The red arrows are the moving directions of objects, and the red curves are the primary trajectories.
(For interpretation of the references to color in this ﬁgure caption, the reader is referred to the web version of this Article.)

and statistical representation of motion patterns, respectively.
Because we use the trajectories as the description, it helps to make
the learned motion pattern more continuous. Compared with [8,14],

we can conﬁrm that our method obtains comparable results, and for
some motion patterns, such as the horizontal motion patterns that
vehicles move through west-east road unhindered, our results are
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much ﬁner and more meaningful. Based on the learned information,
we can have a variety of surveillance applications, for example,
detect abnormal activities, improve object detection and infer the
motion of objects in the scenes.

5. Conclusions
We have formulated motion pattern grouping as a Multiinstance Multi-cluster Learning (MIMCL) problem for video scene
modeling. To solve this problem, a novel unsupervised clustering
approach called M4L is proposed. An efﬁcient optimization solution is adopted by use of combination of Constrained Concave–
Convex Procedure (CCCP) and the Cutting Plane method. Our M4L
is generic for MIMCL problem, which can also be used for image
clustering problem (image with multiple semantical concepts). In
the future, we will study how to guarantee the convergence of
M4L as the proofs in [47]. We will also investigate how to
automatically decide the number of cluster and design an effective evaluation method.
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